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(2) $\sum c_{2k}=\sum C_{2k+}1=1$
nonzero scaling function
$(c_{0}, \ldots, c_{N})$ Cohen – scaling – wavelet
wavelet scaling wavelet
scaling 1992 1.Daubechies
dilation dyadic $\text{ }.\#$ . ..
(1) vector $(c_{0}, \ldots, c_{N})$
compad $\mathrm{s}\mathrm{u}\mathrm{p}\mathrm{p}(\mathrm{f})\subset[0,\mathrm{N}]$ vedor
(3) $v(x)=$ $(\forall x\in[0,1])$ .
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$f(x)$




(5) $\tau x=2x$ mod $1=\{$
$2x$ $0\leq x\leq 1/2$ ,
$2x-1$ $1/2\leq x\leq 1$ .
dilation vector
$v(x)=\{$
$\mathbb{T}_{0}v(2_{X})$ $0\leq x\leq 1/2$ ,
$\mathbb{T}_{1}v(2_{X}-1)$ $1/2\leq x\leq 1$ .
$\mathrm{f}(\mathrm{x})$ $\mathrm{v}(\mathrm{x})$
, $\mathrm{f}(\mathrm{x})$
: 1994 D.Cololla C.Heil
(2) $\mathrm{f}(\mathrm{x})$ $(c0, \ldots, cN)$
(6) $c_{w=}$ { $(C_{0},$ $.,.,$ $C_{N});(2)$ $\hat{\rho}(\mathbb{T}_{0}|w,$ $\mathbb{T}_{1}|w)<1$ }.
$W=span$ { $v(X)-v(\mathrm{O})$ : $x\in[0,1]\text{ }x$ Ga dyadic}.
(2) $\mathbb{T}_{0\text{ }}\mathbb{T}_{1}$ 1
$W\subset V=\{u\in \mathbb{C}^{N}; u_{1}+\cdots+u_{N}=0\}$
1994 D.Colella C.He :




(7) $N(f)$ $:= \{a\in \mathbb{C}^{\mathbb{Z}};\sum_{\in j\mathbb{Z}}a(j)f(C-j)=0\}$ .
140
$N(f)=\{0\}$ $f$
$I\mathrm{s}^{\nearrow}(f):=\{z\in \mathbb{C}\backslash \{0\};(Z)j\in j\in \mathbb{Z}\mathbb{Z}\}$ ,
$F(f):=\{\zeta\in \mathbb{C};\hat{f}(\zeta+2k\pi)=0, k\in \mathbb{C}\}$
Ron 1989
$N(f)=\{0\}\Leftrightarrow I\backslash ^{F}(f)$ is empty $\Leftrightarrow F(f)$ is empty.
(8) $e^{i\zeta}\in I\iota’(f)\Leftrightarrow\hat{f}(\zeta+2k\pi)=0$ for $k\in \mathbb{Z}$ .
f $\exists\zeta\in \mathbb{C}$
(9) $\hat{f}(\zeta+2k\pi)=0$ for $k\in \mathbb{Z}$ .
:
5.3 $\mathrm{f}(\mathrm{x})$ $\Rightarrow W=V$
53
(10) $\{(c_{0,\ldots,N}c)\in c_{w};W\neq V\}\subset$ { $(c_{0},$ $\ldots,$ $cN)\in CW;f(x)$ }
5.4
(11) $\mu$ { $(C0,$ $\ldots,$ $CN)\in Cw;f$ } $=0$ in (2)
54 54
(11) $\mathrm{S}$




point \mu (S2) $=0$
$\mu(S_{2})=0$ $f$ $\zeta\in \mathbb{C}$ (9)
– f compact distrbution scaling
(12) $\hat{f}(\zeta)=m(\zeta/2)\hat{f}(\zeta/2)$ .












$a(z)$ $(c_{0,\ldots,N}c)$ $(\tilde{c}_{0},\tilde{c}_{\mathit{2}}, ..)$
$a(z)$ (2) $0$





$f(x)$ m\tilde $(\xi)$ $I_{\overline{m}}$
$D_{\overline{m}}$ :
$I_{\overline{m}}= \min\{L;\hat{\rho}(\mathbb{T}_{0}^{()}L(\tilde{m})|_{W_{L}}(\overline{m}), \mathbb{T}^{(L)}(1\tilde{m})|_{W_{L}(\overline{m})})<1\}$ ,
$D_{\overline{m}}=\hat{\rho}(\mathbb{T}_{0^{I_{\overline{m}}}}^{()}(\tilde{m})|_{W_{I_{\overline{m}}}(\overline{m}}),$ $\mathbb{T}^{(I}\overline{m})(1)\tilde{m}|_{W_{I_{\overline{m}}(\overline{m})}})$ .
: $( \frac{1+e^{-i\xi}}{2})^{L}\tilde{m}(\xi)$ $f(x)$
$L\geq I_{\overline{m}}$
$f\in C^{L-I_{\overline{m}}}(\mathbb{R})\backslash cL-I\tilde{m}+1(\mathbb{R})$ .
$C^{n}(\mathbb{R})$ $n$ 1
$\alpha_{\max}(c.\mathit{0}, \ldots, cN)=\sup${ $\alpha;f(x)$ \alpha H\"older }
(2) $0$
142
